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Combination therapy is the hallmark of therapies for cancer, viral or microbial infections, hypertension, and other diseases  
involving  complex  biological  networks. For example, the transformation of a normal cell to a cancer cell involves multiple genetic 

doses and have reduced toxicity [2]. Since many molecularly-targeted agents exhibit synergy when used in combination with 

combination may provide better outcomes. In the past decade, the approach to cancer therapy has been revolutionized by the 

based on improved understanding of the molecular mechanisms of action of second messengers, other components of signal 

for new quantitative approaches for combination therapy [6,12,13]. Despite the changing paradigm to target multiple pathways, 
methodological advances in accurately identifying drug interactions have fallen behind, as shown by a paucity of literature on the 
design and analysis of multi-drug combinations.

Introduction

Abstract

multidrug regimens. We used data from experiments of single drugs (and few combinations) and existing signaling network knowledge 

comprises a Hill equation for signals arriving at each receptor, a generic enzymatic rate equation to transmit signals among connecting 

performed in silico experiments to derive a global sensitivity index of each term in the functional ANOVA of the dose-response 
model by generating doses of the drugs with the Quasi Monte-Carlo method. Only terms with large (principal) global sensitivity 

associated with large global sensitivity indices, can be considered as candidates for further experimental validation.
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Methods

number of potential combinations reaches 1,048,545, a high dimensional statistical problem. Even with 5 drugs, the number 

precludes  laboratory  testing. Despite the  biological  advances  mentioned  above  and  the importance of multi-agent combinations, 
current methods are mostly topological as opposed to quantitative, and do not account for high dimensionality and proper model 
assumptions [14,15]. Consequently, many multidrug combination studies use suboptimal experimental design and synergy 

Modeling Biological Network

Currently no published methods for screening large number of combinations use both network information and single drug 
experimental data. One recent attempt to use network information is a search algorithm by Calzolari et al. [16] based on a 

the method ignores the single drug dose-response data that is a prerequisite for drug combination studies. A method is urgently 
needed to enable optimal experimental design that provides the concentrations or doses of the combinations, and allow an 

method to screen the large number of combinations and identify an experimentally manageable experimental design by using 
the dose-response data for single drugs and pathway/network knowledge to obtain an estimate of the functional structure of the 
dose-response relationship.

For the purposes of this study, biological networks controlled/regulated by a receptor(s) are viewed as comprising connecting 
genes and output nodes that are implicated in determining activation of the cell death machinery. Figure 1 presents a 

propagation

Figure 1:
(green rectangles), and the output nodes (red diamonds) that are implicated at the onset of the cell death machinery. A solid line with an arrow at the end 
indicates direct promotion; a dashed line with an arrow at the end indicates indirect promotion; a dashed line with a bar at the end indicates inhibition. A cross 
symbol between two genes indicates dissociation, in which case the two genes may be viewed as a single node (e.g., DFF45 and DFF40)
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propagation rules. For a given dose-level x = (x1, x2, …, xs)
T of drugs A1, A2,… AS, denote a0i (x) as the signal of receptor i obtained 

(i = 1, 2, …, r) and ai(x) as the signal connecting gene i obtained (i
relationship to their upstream regulatory signals. Typically, a Hill equation [17] can be used to model the activity a0i (x) at receptor i,
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where αi and βi = (βi1, βi2,….βis)

T are the parameters to  be estimated. To characterize the transmission of signals among connecting 
genes, the generic enzymatic rate equations can be used to adjust for possible feedback loops. Such equations have been motivated 
by various computational and biological considerations, a result of the close interaction between experimental and computational 

ai(x) be the activity at gene j and a(i, j)(x) the signal sending from gene j to gene i ai(x) at gene i is 
a(i,j)(x) for gene j linked up gene i, and the generic enzymatic rate equation then suggests 

that

(2) 

where n(i) is the set of genes that signal to gene i, and ω is the expected steady state parameter. VFj
 and VBj

 are the forward and 
backward parameters, respectively. From the biological point of view, VFj
out from gene j when the reaction is forward, while VBj

i when 
the reaction is backward. When the reaction from gene j to gene i is irreversible in the backward direction, VFj 
parameters VFj

  and VBj
VFi

 and VBi
 of connecting gene i j (i ≠ j). Statistical variations typically occur when 

signals pass though the network because of link instability, stochastic noise inherent in the signal propagation rules, and/or chaos 
VFi

  and VBi
 (i 

i.i.d.) normal random variables with mean µ1  
and variance σ1

2.

dose-level x = (x 1, x2,…xs)
T of drugs A1, A2,…, AS, let Y(x) be the observed viability and a(x)=(ail

(x),…aih
(x))T  be the vector of the 

activities at genes i1,….,ih  which activate the output, then we have
T

kkY x  u a x  u x ,  0 (3) 

Where the subscript k is the k-th replication at dose-level x = (x1, x2,…, xs)
T,                                            is the measurement error 

of the observed data, and the standard deviation σ(x) of the measurement error may depend on the  dose-level x = (x1, x2,…, xs)
T. 

u0 is the intercept parameter, and u = (u1,.., uh)
T ui 

indicates promotion by gene i; the negative parameter uj indicates inhibition by gene j.

k x ~ N , x  
2

0

Training data
A training dataset is needed to model the biological network. In combination studies, the data from single drug experiments are 
usually available a priori. To use the network to discover multi-drug interactions, data from single drug responses cannot ensure 

IC50 of each drug can be estimated from the single drug dose-response curves. We recommend a relatively simple experiment of 
the drug combinations with each drug at its individual IC50.  To explore the dose-response in high dimensions, which is not well 
estimated by the single drug experimental data, experimentally 2s higher order combinations are considered for s drugs. Table 1 

and from limited higher order combination experiments.

(1) 

Table 1: 10 mixtures chosen for the combination experiments of 5 drugs
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Parameter Estimation
Based  on  the  training  data,  we  can  estimate  the  parameters  in  equations  (1)-(3)  with  the maximum likelihood approach. Let 
β = (β1

T,…, βr
T )T,  α= (α1,…, αr)

T,  and θ= (βT, αT, ω, uT, σ0
2, µ1, σ1

2 )T and be the vector of all parameters to be estimated. Since a(x) in 
model (3) equals to zero when x = 0, the intercept µ0

Suppose that there are n distinct inputs x1,.., xn, and ki replications at each input xi, the corresponding output is Yij  for j = 1,2,.., 
ki; and i = 1,2,…, n. For given µ1, σ1

2 and a sample VFi
  and VBi

  (i =1, 2,…) from the normal distribution N( 1, σ1
2 ), the ECM 

algorithm [20] can be applied to obtain the maximum likelihood estimation of β, α, ω, u, σ0
2. Furthermore, for given β, α, ω, u, σ0

2, 
we  can  obtain n samples of VFi

  and VBi
 using  equation (3) with n distinct inputs x1,…, xn µ1 and σ1

2 can then 
be obtained. Details for parameter estimation are provided in the Appendix.

Functional ANOVA
y = g(x) can be estimated in silico. 

relationship. In this work, we would not expect the precise drug dose-response surface to be adequately estimated with limited 
data and in silico
23], which is similar to functional principal component analysis.

Recall  that x = (x1,x2,…xs)
T, is  the dose-level  of  s  drugs A1,A2,…, AS, and y = g(x) is  the corresponding dose-response. Let g0 = 

∫
[0,1]

s g(x)dx  be the overall mean of g(x
s

i i ij i j , , s , s
i i j

g x  g  g x g x ,x  g  x x , , x , 0 1 2 1 2
1

(4) 

(5) 

Moreover, (4) has orthogonal components, i.e., if (i1,…,iu)  ≠ (ji,…, jv),

(6) 

s,
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and so on. From equations (4)-(6), we have
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respectively. Note that
k

k

s
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are called global sensitivity indices k is called the order of the index. All  Ri1,…,ik
  mus rieht dna evitagen-non era sʹ

k
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1

Ri1,…,ik 
= 0 implies that gi1,…,ik 

= 0 and so the interaction of drugs Ai1
…Aik

of drugs Ai1
…Aik

 decreases with decreasing Ri1,…,ik
. Hence the dose-response model can be reduced if we only retain the principal 

terms with the largest global sensitivity indices, an approach similar to principal component analysis. It is also expected that the 

obtain the numerical values of the global sensitivity indices, the Quasi-Monte Carlo methods for approximating the integrals can 
be adopted. For more details, please refer to Fang et al. [24].

Results
To illustrate the proposed methods, we consider the apoptosis network (hsa04210) as shown in Figure 1. Two simulation 

considers as many as 10 drugs.

Simulation 1
Consider a combination study of 5 drugs A1,…,A5 A1,…,A5 are denoted by x1,…,x5, respectively. Without loss 
of generality, assume that x1,…,x5 Є [0,1] . Based on the KEGG network (hsa04210), the “true” dose-response is assumed to be

y(x) = 10−15log(x1 + 0.7165x2 + 0.5134x3 + 0.3679x4 + 0.2636x5)
+ 600(x1 + 0.5)(x2 + 0.5) cos(50x3 π ⁄2)(x4 − 0.5) sin(x5), (9) 

Where x = (x1,…., x5)
T.  Decompose the true dose-response (9) using the functional ANOVA representation (7) and (8), the global 

sensitivity indices are 38.06% for variable term x1x2x3x4, 29.61% for variable term x1, 15.78% for variable term x2 and 8.40% for 
variable term x3
can then be approximated by

*y  x . . x x x x . x . x . x1 2 3 4 1 2 31 11 21 10 2 88log 2 43log 0 44log (10)

With the relative mean squared prediction error (RMSPE) given by RMSPE = {∫(0,1)5 [(y(x) − y*(x))/y(x)]2 dx} × 100% = 8.25%, which 
indicates that y*(x
by the interaction of A1A2A3A4 and drugs A1, A2 (the total of global sensitivity indices is 83.45%), 236 and the resulting global 

Figure 2:
estimated global sensitivity indices of the predicted dose-response and their standard deviations in the parentheses.

drugs and drug interactions. From equation (9), the single drug dose-responses can be obtained by setting other variables to zero. 
For each drug, 8 concentration levels {0.0100; 0.0193; 0.0372; 0.0717; 0.1382; 0.2664;  0.5135;  0.9900} are chosen and 8 replications at 
each concentration with the random error ε ~ N
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From the single drug dose-responses, the respective IC50 of each drug is estimated to be 0.07, 0.10, 0.14, 0.19, and 0.26 for drugs 
A1, A2, A3, A4 and A5. To generate the data of drug combinations, 10 mixtures as shown in Table 1 are chosen and three replications 
at each mixture with the random error ε ~ N(0,1) .  Data generated from combination experiments are listed in Table S2 of 
Supplement.

Based on the training data, we obtained the parameter estimation for models (1)-(3), and then the dose-response function y = g(x) 
can be simulated for any dose-level x = (x1,…,x5 )

T Є [0,1]5 of drugs A1,…..,A5. To estimate the global sensitivity index Ri1,…,ik
, the 

With the quasi-Monte Carlo method, we generate a set of 5-dimensional points {x(j) : j = 1,2,…,N
experimental domain [0,1]5. With properly chosen x(j) s, e.g., the uniformly scattered points, the quantity

kk

N
j

i , .,i i , .,i
j

D   g x ,
N

ˆ
 11

1

1
(11)

converges to Di1,…,ik
 much faster  (O(N-1(logN)5-1)) than randomly generated x(j) s(O(N-1/2)). Hence, we can obtain the estimates of 

all global sensitivity indices Ri1,…,ik
. In this simulation, 10,000 quasi-Monte Carlo samples are generated and the estimation of the 

convergence. On average, 34.04% global sensitivity index for variable term x1x2x3x4, 37.35% for variable term x1, and 21.60% for 
variable term x2
interaction of A1A2A3A4, drugs A1 and A2 (the total of global sensitivity indices is about 90%), which is consistent with the global 
sensitivity indices from the true dose-response.

Simulation 2

levels of 10 drugs A1,….., A10 are denoted by x1,……x5, respectively. Based on the KEGG network (hsa04210), the “true” dose-
response is assumed to be

    y(x) = 10 − 15 log(x1 + 0.8465x2 + 0.7165x3 + 0.6065x4 + 0.5134x5
                + 0.4346x6 + 0.3679x7 + 0.3114x8 + 0.2636x9 + 0.2231x10)
                + 200(x1 + 0.5)(x2 + 0.5)(x3 + 0.5)x4x5                                                                             (12)                                    
                + 300(x1 + 0.5)( x2 + 0.5)( x3 + 0.5)( x4 + 0.5)( x5 + 0.5) x9 x10
                + 500(x1 + 0.5)( x2 + 0.5)( x3 + 0.5)( x4 + 0.5)( x5 + 0.5)( x6 + 0.5)( x7 + 0.5)x8x9x10 

(13)

where x = (x1,…,x10)
T Є [0,1]10. Decompose the true dose-response (12) using the functional ANOVA representation (7) and (8), 

the global sensitivity indices are 41.69% for variable term x1x2x3x4x5 21.23% for variable term x1x2x3x4x5x6x7, 11.90% for variable 
term x1x2x3, 11.01% for variable term x1, and 7.21% for variable term x2

y*(x) = –0.10 – 0.46log(x1) – 0.11log(x2)-0.54x1x2x3 + 1.64x1x2x3x4x5 – 3.33x1x2x3x4x5x6x7,   

with RMSPE = 5.21%, which indicates that y*(x
response surface in (12) is mainly contributed by the interaction of A1A2A3A4A5A6A7,  A1A2A3A4A5, A1A2A3 and drug A1 (the total 

drugs and drug interactions in this setting. From equation (12), the single drug dose-responses can be obtained by setting other 
IC50 of each drug is estimated to be 0.07, 0.08, 0.10, 0.11, 0.14, 0.16, 0.19, 0.22, 0.26, and 0.31 

for drugs A1, …, A10, respectively. For each drug, 8 concentration levels {0.01; 0.02; 0.04; 0.07; 0.14; 0.27; 0.51; 0.99} are chosen 
with 8 replications at each concentration with the random error ε ~ N
are listed in Table S3 (Supplement). To generate the data for drug combinations, 20 mixtures are chosen with three replications at 
each mixture with the random error ε ~ N(0,1) , and the corresponding data of combination experiments are listed in Table S4 of 
the Supplement.

Similar to Simulation 1, the estimation of parameters in models (1)-(3) is obtained using the training data. In this simulation, 

average of the estimated global sensitivity indices (and their corresponding standard deviations) are shown in the right pie of 

index for variable term x1x2x3x4x5, 25.91% for variable term x1x2x3x4x5x6x7, 9.27% for variable term x1x2x3, and 8.97% for variable 
term x1
are the interactions of A1A2A3A4A5, A1A2A3A4A5A6A7, A1A2A3 and drug of A1 (the total of global sensitivity indices is about 90%), 
which is also consistent with the global sensitivity indices from the true dose-response.
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Figure 3:
estimated global sensitivity indices of the predicted dose-response and their standard deviations in the parentheses.

the second part is for the functional ANOVA (integral calculation). It can be seen from Table 2 that the 10-drug simulation is 
much more time-consuming than the 5-drug simulation. However, the CPU time for the 10-drug simulation is still acceptable, say 
that about 1 hour for the ECM algorithm and about 5 minutes for the functional ANOVA on a regular PC.

Functional ANOVAECM algorithm

8.8s985.6sSimulation 1 (5 drugs)

300.6s4052.3sSimulation 2 (10 drugs)

Table 2: CUP time for the simulations 

Discussions
Cancer cells carry out their functions following appropriate responses to the extracellular and intracellular inputs to their complex 
network of signaling pathways. Many genes that code for proteins in these pathways are controlled by regulatory proteins that up-

in extracting networks using a range of experimental data [27,28], knowledge of signaling networks remains predominantly at the 
level of topology rather than details on the rate constants and nonlinear message passing that occurs within the networks. Models 

Using data from experiments with single drugs (and some drug combinations) and the existing network information, we proposed 

(in silico) to derive a global sensitivity index of each term in the functional ANOVA of dose-response model by generating doses 

select 3 to 4 terms of multidrug combinations in the functional ANOVA model if the true dose-response function is smooth. 

associated  with  large  global  sensitivity indices, can be considered as candidates for further experimental validation.

In some signaling networks there may be loops due to feedback links among genes. Several procedures can simulate signal 

loops should be developed. Furthermore, to investigate drug interactions it is important to understand the mechanisms of each 
drug in drug combination studies. If the relationships among drugs and receptors/or genes are known, the number of parameters 
in models (1)-(3) can be decreased, and some constraints can be applied to achieve high prediction accuracy. It is worth noting 

likelihood approach or regularized regression machine learning, i.e., a penalty function such as Lasso [32] or SCAD [33] can be 
added to (A3) to achieve sparse estimation.

Conclusion 
In this paper we have developed a novel method to screen the large number of combinations and identify an experimentally 
manageable experimental design by using the dose-response data for single drugs and pathway/network knowledge to obtain 

for selecting drug interactions, and developing experimental designs and statistical procedures to estimate the high dimensional 
dose-response surface.
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